The aim of this note is to generalize the Nakayama lemma to a class of multiplication modules over commutative rings with identity. In this note, by considering the notion of multiplication modules and the product of submodules of them, we state and prove two versions of Nakayama lemma for such modules. In the first version we give some equivalent conditions for faithful finitely generated multiplication modules, and in the second version we give them for faithful multiplication modules with a minimal generating set. If N and K are multiplication submodules of M, then NK, the product of N and K, is defined as IJM, where I and J are presentation ideals of N and K, respectively [1]. For a module M, the radical of M, denoted by rad(M), is the intersection of all maximal submodules of M if they exist, and M otherwise (see [3, 4] ). We denote the Jacobson radical of the ring R, the intersection of all maximal ideals of R, by J(R). Recently, multiplication modules have been studied in a number of papers, see, for example, [1, 2, 3, 5] . The author in [1] states and proves a version of Nakayama lemma for multiplication modules (see [1, Theorem 3.23]). But the proof of (ii)⇒(iii) of this theorem needs to be amended. In this note, first we modify the proof of this theorem, and then we obtain another version of Nakayama lemma for multiplication modules by replacing the finitely generated condition with a minimal generating set for them.
Proof. Let M be generated by elements x 1 
Proof. Let ᏹ denote the collection of all maximal ideals of R.
In the next result we modify the proof of [1, Theorem 3.23].
Theorem 2.4 (first version of Nakayama lemma).
Let M be a faithful multiplication R-module. Then, for every submodule N of M, the following conditions are equivalent: 
Proof. (i)⇒(ii)
Proof. 
